In this paper, we introduce and study the concept e-semimaximal submodule. Also many relationships of this concept with other related concepts are given.
1-INTRODUCTION
Let R be a commutative ring with unity and let M be a left R-module. , where K is a submodule of M [7] . Note that if W = (0) then W e  M if and only if M = (0), [7] . In this paper, we call that a proper submodule N of M is esemimaximal if
for some essential maximal submodules N 1 , …, N k . We give the main properties for this concept and its relations with other classes of submodules.
2-MAIN RESULTS

Remarks and Examples (2.1): (1)
If N is an e-semimaximal submodule in an Rmodule M, then N is -semimaximal, but the converse is not true in general.
Proof: Since N is e-semimaximal, 
Proposition (2.3):
Let M be a nonsingular R-module, N < M. Then N is e-semimaximal if and only if N is -semimaximal. Proof:  It follows by Rem. (2.1(1)).
 Since N is -semimaximal. 
Proposition (2.5):
Let M be a fully prime multiplication Rmodule. Then every e-semimaximal submodule is maximal. Proof: Let N be an e-semimaximal submodule.
for some essential maximal submodules N 1 , …, N n . By hypothesis, M is fully prime, we have N is a prime submodule. As M is multiplication, we have N  N t for some t = 1, …, n. It follows that N = N t (since N t is maximal). Thus N is maximal.
Proposition (2.6):
Every e-semimaximal submodule N of an Rmodule M is semimaximal, but not conversely. Example: (0) in the Z-module Z 6 is semimaximal but it is not e-semimaximal.
Proof
Recall that an R-module is F-regular if every submodule N of M is pure; that is IM  N = IN for each ideal I of R, [4] .
An R-module M is called fully stable if every submodule N of M is stable; where N is stable means that for each
Proposition (2.7):
Let M be a cyclic R-module such that ann R M is e-semimaximal. Then M is fully stable. Proof: As ann R M is e-semimaximal, so by Prop. (2.6) ann R M is semimaximal. Hence by [8] 
Lemma (2.11): Let R be a principal ideal domain (PID), let I < R, I  (0). Then I is a semiprime ideal of R if and only if I is the intersection of finite number of prime ideals.
Proposition (2.12):
Let R be a PID., let I < R, I  (0). Then I is a semiprime ideal if and only if I is an esemimaximal ideal. Proof: It follows directly by Lemma (2.11) and the fact that every nonzero proper prime ideal of a PID is maximal and every nonzero ideal of R is essential in R.
Note that the condition R is a PID is a necessary condition in Prop. (2.12), for example in the ring Z 12 , I = 6  is a semiprime ideal but not e-semimaximal.
Theorem (2.13):
Let M be a faithful finitely generated multiplication R-module and let N < M. Then the following statements are equivalent: is an e-semimaximal ideal of R. in M} if M has maximal submodules and Rad e M=M if M has no maximal submodule [11] . Equivalently, Rad e M =  N, where N e  M, [11] and N e  M if N + W = M and W e  M, implies W = M, [11] .
Similarly we define the concept e-J(M) (or eRad M) as follows: if M has e-semimaximal submodule then e-Rad M =  {N:N is an esemimaximal submodule of M} and e-Rad M = M if M has no e-semimaximal submodule.
However the following proposition shows that Rad e M and e-Rad M are identical.
Proposition (2.15):
For 
Theorem (2.16):
Let M be a faithful finitely generated multiplication R-module. Then Rad e M= (Rad e R)M. Proof: Since Rad e M = e-Rad M, so that e-Rad M =  {N:N is semimaximal submodule in M}. But M is a fathful finitely generated multiplication Rmodule, so every semimaximal submodule N of M, N = IM for some semimaximal ideal I of R by Th. 
Theorem (2.17):
Let M be an R-module. Consider the following statements: (1) M is Artinian. 
